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In RPT, the bare renormalized local spectral density from which renormalized retardedΣ r (ω) and lesser Σ < (ω) self energies are calculated is given by [2, 3] 
whereε d is the renormalized d level, which using Friedel sum rule (FSR) for zero temperature (T ) and voltage (V ) can be related to the local occupancy n d [2, 3] :
where here zero applied magnetic field B is assumed. In Ref. Previous results of some of the authors [8] claimed that First, in Ref. 8 they stated "A problem with this approach is that it fails to recover p − h symmetry atũ = 1 and gives a linear in T term in the spectral density away from half filling n = 1, in contradiction to certain Ward identities." However, Eq. (30) of Ref. 3 precisely shows that previous rigorous results for n d = 1 [10] are recovered, including the particle-hole (p − h) symmetric case. Concerning the T dependence, Ref. 3 is dedicated to T = 0. In the small section 3.5 a brief comment is given on the effect of the Hartree term on the dressed unrenormalized spectral density ρ(ω) (which does not enter the WI's) in self-consistent ordinary (not renormalized) perturbation schemes [3] As shown above, the nonequilibrium RPT scheme, which in the most complete form is given in Ref. 5 , is correct and satisfies the WI's. However, it has important limitations. One of them is that it is restricted to eV ≪ k B T K . For this reason, alternative approaches are usually preferred, like the non-crossing approximation (see e.g. Refs. 12-16), which reproduces well the scaling relations with temperature T and V in the Kondo regime [16] . One realizes that including a sum of ladder diagrams the results presented improve considerably when compared to NRG results. However, as I argue below, the results are still somewhat disappointing.
One point to be noted is that out of the symmetric point ε d = −U/2, it would be more natural to use the energy scale T 0 = (gµ B )
2 /(4χ) with χ calculated for the actual value of ε d to define the expansion coefficients. This leads to c T and c B as defined in Ref. 17 . The symmetric point, and therefore T s 0 might not be experimentally accessible. This is the case of some molecular system in which U is very large [13] . Moreover, since χ decreases (T 0 increases) fast when moving to the intermediate valence region ε d ∼ 0, the c ′ are considerably smaller (by a factor (T s 0 /T 0 )
2 ) than the c. As a consequence, while the c have an increasing downward curvature as ε d increases from −U/2 to 0 [7] , the c ′ have an inflexion point [1] While the IPA might be considered acceptable for U = 3∆ and improves considerably as U is lowered [7] , the main problem is that the IPA [7] (and it seems to be also the case rSPT [1] ) rapidly deteriorates as U increases. In the Kondo limit −ε d , ε d + U ≫ ∆, one knows that the spectral density displays two charge-transfer peaks for ω ∼ ε d and ω ∼ ε d + U of total width 4∆ and a Kondo peak at the Fermi level of width of the order of 2∆ [14] . For U = 3∆ (the largest value of U considered in Ref. 1), these peaks cannot be separated. More accurate methods seem necessary to treat the Kondo case [7] .
